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OAoKANpwuaTa BACIKWY CUVAPTNOEWY
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OAoKANpwon appnTwy CUVAPTNOEWV



OAOKANpwWOoN AppnNTWV CUVOPTACEWYV
['1a TOV VTOAOYIGHO TOL OAOKANPAOUATOG LG GPPNTNG GLVAPTNONG:
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OAOKANpwWOoN AppnNTWV CUVOPTACEWYV
[t TOV VTOAOYIGLLO TOV OAOKANPOUATOS HLAG APPNTNG GLVAPTNONG:
TOV X Ko {ax+ 3, Oétovpe = ax+ f,
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OAOKANpwWOoN AppnNTWV CUVOPTACEWYV
['1a TOV VTOAOYIGHO TOL OAOKANPAOUATOG LG GPPNTNG GLVAPTNONG:

TOV X Kol {ax+ [, Oétoope  f=3lax+ f,

fxf’/x + 1dx



OAOKANpwWOoN AppnNTWV CUVOPTACEWYV
['1a TOV VTOAOYIGHO TOL OAOKANPAOUATOG LG GPPNTNG GLVAPTNONG:

TOV X Kol {ax+ [, Oétoope  f=3lax+ f,
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OAOKANpwWOoN AppnNTWV CUVOPTACEWYV
[t TOV VTOAOYIGLLO TOV OAOKANPOUATOS HLAG APPNTNG GLVAPTNONG:

TOV X, Yax+ [ ko Yax+ f, 0étovue  t=4ax+ [,
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AvaAuon o€ atrAd KAaouata



AvAAucn o€ aTTAd K)\dcpam

‘Eotw P Q éuo UN MNOEVIKA TTOALWVULUO OTO R Kal Q H qI "n avdAvon

-

Tov Q o€ avaywya no)\uoovuua YTIAPXEl JOVODIKO no)\uoovuuo b kaVq,i=1,..,Kk,
HOVadIKa TToAVWVLHA Oy, j=1,..., n, e dega; < degg;, TETOIO WOTE
P(x) < & o (x)
=b(x)+ -
Qb ~20F 2 2 g

Av degP < degQ, 101€ b = 0.

-

Mnyn: https://en.wikipedia.org/wiki/Partial_fraction_decomposition



AvaAuon o€ atTAd KAaouaTa

[l va. vtoAoyicovpe TO OAOKAN PO LG PTTAG GUVAPTNONG, TNV
exppalovpe o¢ A0poiopa arhovoTEP®V (LEPIKOV) KAAGUATOV OC EENG:

e Av o BaBuog tov apOunt ivon peyadvtepog 1 icog tov Babpov tov
ToPUVOLOOTY, Bpiokovpe To TNATKO Kol TO VTOAOITO TNG daipESN
aplOun T 010 TOPAVOLAGTY KOl EQOPUOLOVUE TN TAVTOTNTA TNG
dlaipeong.

.o [lopayovtomolovpe TOV TOPOVOUOGTH TOV KAAGUATOG TOV TPOKVTTEL.




AvaAuon o€ atTAd KAaouaTa

e XTOVC TOPAYOVTIES TOL TOPOVOUAGTY] OVTIGTOLYOVUE LEPIKA
KAAopoTo oG ENG:
o Xg kaOe TpmTOfAdLo TapdyovTa X —a avVTIGTOTYOVUE £V KAAGHO

™G HOPONG , 0mov 4 ctabepd.
xX—a
o e ka0e mapayovta (x —a)’, k € N, avristoryovpe k khdopato;
A A A
™G HOPPHG — 2 L onov 4,4,,..., 4, otobepic.

x—a (x—a)’ “(x—a)
o Xg KaBe devtepofado pe apvntiky dwukpivovsa mapdyovra
ax’ + fx +y aviieTorovue Evo KAAGHO!

, Ax+ B . .
™G LOPONG — , Omov A, B otabepéc.
ax” + fx+y

¢ AmoaAgipovpe TOVG TAPAVOLAGTES Kl BPICKOVILE TIC TILES TOV
otabepov A4, B, A, amd v 160TNTU TOAVOVOU®OV TOV TPOKVITTEL KO
vrtoAoyilovpe T0 OAOKAN PO ®OG AOPOIGHO OAOKANPOUAT®V.



AvaAuon o€ atTAd KAaouaTa

o Xg KaOe mpwtofaOo Tapdyovia X —a avTIGTOLYOVUE EVa KAAGLO
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AvaAuon o€ atTAd KAaouaTa

o Xg kdbe TpwTofAduo TapdyovIo X —a oVTIGTOLYOVUE EVa KAAGOL ‘ A--(: a_‘(‘-,o
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AvaAuon o€ atTAd KAaouaTa

o Ze kébe mapayovia (x —a)*, k € N, avtiotoryoiue k kKhdopata

™G LOPOPNG Ii‘ ’(xfza) ..... A' , omov 4, 4,,..., 4, otubepéc.
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AvaAuon o€ atTAd KAaouaTa

o Ze kébe mapayovia (x —a)*, k € N, avtiotoryoiue k kKhdopata
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..... omov A4, A4,,..., A, otabepéc.

k?®

™G HOPPNG —a (ray

X o= A ) 188l | T *<

X>+xi—x—1

(x 4)(xt)
P
C
X (x-v\)'(xﬂ) = (5 A) (%) -/(x-\)(xﬂ)%
L
X - A B et

YKo pN X—) Xt sz)e‘



AvaAuon o€ atTAd KAaouaTa

o Xg kdBe devtepofaduio e apvntikn dakpivovsa Tapdyovia
ax’ + fx+y avtiotorovue va KAAGA
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AvaAuon o€ atTAd KAaouaTa

o Xg kdBe devtepofaduio e apvntikn dakpivovsa Tapdyovia

ax’ + fx+y avtiotorovue va KAAGA C‘ﬂ X ‘_ew O) x+ 1
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AvaAuon o€ atTAd KAaouaTa

X3

X°— X —2

() No avaiuBsi o amhoOatepa KAGopata n mapdotaon:
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K3x+L = (xA)(x2)
AvaAuon o€ atTAd KAaouaTa

X2

() No avaiuBsi o amhoOatepa KAGopata n mapdotaon:
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AvaAuon o€ atTAd KAaouaTa

2
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AvaAuon o€ atTAd KAaouaTa

Nor urodoytoel 10 oAokNipeha: | 13 X ; ;’)z dx.
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AvaAuon o€ atTAd KAaouaTa
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Na LTTOAOYIOTEI TO OAOKANPWHO
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[ evIKEC AOKNOEIC




['evIKEC AOKNOEIC

arccos(—\f) < 2’ C S avcasxe [990) (ans wev °y1o-béwJ3
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['evIKEC AOKNOEIC

Agigte 6t sin(2arcsin(x)) = 2xV1 — x°

YTOdei€n: sin(2x) = 2sin(x)cos(x)
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[evIKEC AOKNOEIC
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[evIKEC AOKNOEIC
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['evIKEC AOKNOEIC
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[ evIKEG AOKNOEIG
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['eviIKEC AOKNOEIC
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sin® x

['evIKEC AOKNOEIC
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["evIKEC AOKNOEIC

f X cos” x dx
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["evIKEC AOKNOEIC

fl-i
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["evIKEC AOKNOEIC
| sinh?x dx
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Y116d¢1€n: cosh(2x) = 1 + 2 sinh?x.



['evIKEC AOKNOEIC

Na Bpedei avaywyiKOg TUTIOC YIO TO OAOKANPWUA:
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["evIKEC AOKNOEIC

J1 — T
g X=swt  te(0,3).

xeCo,1)

Y166€eiEn: Aol Bpeite To TIEdIO OPIOUOD, ETUAEETE Wi KOTAAANAN GLVAPTNGON YIO AVTIKATACTACT. YTIAPXOUV TIOAAEC AEITOUPYIKEC ETTIANOYEC.
AvoAuTIKG €0 https://math.stackexchange.com/questions/586320/how-to-integrate-int-frac-sqrt1-x-sqrtx-mathrm-dx



["evIKEC AOKNOEIC



["evIKEC AOKNOEIC

— dx

VX + VX



["evIKEC AOKNOEIC

1
J X(Inx )’ i



["evIKEC AOKNOEIC
f VX + )3\{? + 2 dx




["evIKEC AOKNOEIC



J

1 —X)
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["evIKEC AOKNOEIC



["evIKEC AOKNOEIC

f\/1+\/1+xdx



["evIKEC AOKNOEIC

f vtan x dx

Y1édeiEn: H mapdywyog ¢ tan x ekppAaletal g 6poug TN idlag Tng cuvdaptnaong tan Xx.
YTIGpX0UuV TIEPIGCOTEPOI OTIO Evac TPOTIOl. AVOAUTIKA: https://math.stackexchange.com/questions/828640/evaluating-the-indefinite-integral-int-sqrt-tan-x-mathrmadx
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